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Preface

This document is primarily a description of the user interface for USER2.1; it
is not a description of the statistical theory and calculations behind USER.

This project is funded by the Bonneville Power Administration, U.S.
Department of Energy, under Contract No. 004126, Project No. 198910700 as part
of the BPA’s program to protect, mitigate, and enhance fish and wildlife affected by
the development and operation of hydroelectric facilities on the Columbia River and
its tributaries.

The analysis of fish and wildlife data requires investigators to have the
ability to develop statistical models tailored to their study requirements. Hence, a
flexible platform to develop statistical likelihood models to estimate demographic
parameters is necessary. To this end, Program USER (User Specified Estimation
Routine) was developed to provide a convenient platform for investigators to
develop statistical models and analyze tagging and count data.

The program is capable of developing models and analyzing any count data
that can be described by multinomial or product multinomial distributions. Such
data include release-recapture studies using PIT-tags, radio-tags, balloon-tags, and
acoustic-tags to estimate survival, movement, and demographic data on the age
and /or sex structure of wild populations. The user of the program can specify the
parameters and model structure at will to tailor the analyses to the specific
requirements of the field sampling program, the data, and populations under
investigation. All of this is available without the need for the user to know advanced
programming languages or numerical analysis techniques, and without involving
cumbersome software developed for extraneous purposes. Program USER represents
a powerful statistical modeling routine that can be readily used by investigators
with a wide range of interests and quantitative skills.
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The USER software, along with an electronic version of this document, is
available for download at http://www.cbr.washington.edu/paramEst/USER/, or
contact:

Jim Lady
Columbia Basin Research
1325 4th Ave. Suite #1820
Seattle, WA 98101
206-221-3252 jlady@u.washington.edu
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1.0 Overview

USER is a tool that allows a user to estimate parameters of a study with
the following characteristics:

1. All possible outcomes of the study can be characterized in terms of a finite
number of discrete categories.

2. The categories are mutually exclusive and exhaustive; i.e., an individual in the
study can be classified into one and only one category.

3. The data from the study consist of the number of individuals in the study that
fall into each category.

USER makes a distinction between a model definition and the model data. Both are
needed in order to estimate the parameters.

1. A model definition consists of one or more likelihood definitions. Each
likelihood definition consists of:

(a) Category labels for each of the possible outcomes,

(b) A probability corresponding to each category defined in terms of the
model parameters.

Within a likelihood, the probabilities for all categories must sum to 1.0.

2. The model data consist of the number of observations for each category.
USER stores model definitions and model data separately, thereby allowing a
given set of data to be used with more than one model definition, or,
conversely, allowing more than one set of data to be used with a given model
definition.
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2.0 Interface Description

Figure [2.1| shows the USER dialog window with a simple trinomial model
likelihood. The names of the components of the dialog window mentioned in the
following text are italicized.

2.1 Defining symbols

The USER program allows the user to create two types of symbols:

1. Parameters of the model to be estimated,

2. Variables defined as a function of the parameters and/or other variables.

Symbol names must begin with an alphabetic character, and can be followed
by any number of alphanumeric characters.

Both parameters and variables are defined via the symbol name dialog shown
in Figure To define parameters, a user enters a name for the parameter in the
symbol name dialog and leaves the symbol definition dialog blank; to define symbols,
a user enters the name in the symbol name dialog and its definition in the symbol
definition dialog (see Section [2.4] on page [5)). If using the mouse along with the math
entry buttons and the symbol definitions to enter a symbol definition, make sure the
entry mode toggle is not depressed.

A symbol definition is added to the symbol definitions by clicking on the
“Add” button to the right of the symbol definition dialog, or by pressing the
“Return” key.

2.2 Modifying symbol definitions

A symbol definition may be deleted by right-clicking on the symbol name in
the symbols definition area and selecting “Delete” from the context-sensitive menu.

To modify the name or definition of a symbol, select “Edit” from the
context-sensitive menu. The symbol and its definition will then appear in the
symbol name dialog and the symbol definition dialog for the user to edit.
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Figure 2.1:

Main USER window
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2.3 Defining likelihoods

A likelihood definition is comprised of a list of category definitions with their
corresponding probabilities and observed counts for the category. The category
counts default to zero, giving the user the option of reading the category counts
from a separate input file. The categories, their probabilities, and their counts are
entered in the category dialog, category probability dialog and the category counts
dialog, respectively.

If using the mouse, the entry mode toggle must be depressed to ensure that
clicking on the math entry buttons and the symbol definitions affect the category
probability dialog rather than the symbol definition dialog.

A category definition within a likelihood can be modified by clicking on the
appropriate line in the likelihood definition, causing the definition to appear in the
category dialog, category probability dialog, and the category count dialog for editing.

Category labels may consist of any string of characters, including spaces,
with one exception: They may not contain a single colon (“:”) surrounded by white
space since it is used by USER to indicate the end of a category definition (see

Figure [3.1] on page [15)).

For models with multiple likelihoods, a new likelihood may be defined by
selecting the “New Likelihood” item from the “Likelihood” menu.
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The “Likelihood” menu may also be used to move between all likelihoods in the
model; a check mark indicates the current likelihood.

Eile Symbol | Likelihond Output Help

~ Symbol T2 few Likelihood Ckrl-+1
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2.4 Entering function definitions

Variable definitions and category probabilities are entered as functions of
parameters and variables. Variables may be defined in order to simplify the model
definition, or to define a function of parameters for which a profile likelihood
confidence interval is desired (see Section on page . If variables are used in a

5 USER 2.1



variable definition, they must already have been defined, or else they will be flagged
as undefined when the model is evaluated. The mathematical operations available
are:

Operation Symbol
Addition +
Subtraction -
Multiplication

Division

Operations are evaluated in the usual order of precedence from left to right.
Parentheses may be used to specify the order of evaluation.

In addition to above, the following functions are available:

e invLogit(u), defined as exp(u)/(1 + exp(u)),

e logit(u), defined as log.(u/1 — u).

where u is any valid USER expression.

A user may enter a function definition directly with the keyboard, or by
using the mouse in conjunction with the math entry buttons and the already defined
parameters and variables as follows.

e Insert a mathematical operation, a parenthesis, or the number one (“1”7) by
clicking on the appropriate math entry button.

e Insert an already defined parameter or variable by clicking on the desired
symbol in the symbol definitions area.

e Insert 1.0 minus (“1.0 -”) a symbol by holding down the control key on the
keyboard while clicking on the symbol in the symbol definitions area.

2.5 Using the Entry Mode Toggle

The entry mode toggle has two modes:

1. If depressed, clicking on one of the math entry buttons or a symbol definition
modifies the category probability dialog.

2. If not depressed, clicking on one of the math entry buttons or a symbol
definition modifies the symbol definition dialog.
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2.6 Setting the initial parameter seeds

For the parameters to be estimated, an initial “guess”, or seed, must be set
for each parameter. The default initial seed is 0.5 for all parameters. This may not
be adequate for some models, so USER allows the initial seed to be set by the user

by right-clicking on the parameter and selecting “Set seed”.

File Swmbol Likelibood Cutput Help

— Symbal T able
M arne: |
.
1 2 3 4
‘I P‘I mna mna
5 Edit T TR
3
4 Praofile likelibood
5 Delete

Enter the new seed value for "F1'"

21

[E

ok

Cancel |

2.7 Verifying the likelihoods

USER provides the capability of checking if all the probabilities for each
likelihood defined in the model sum to one. Once the “Verify” option is selected,
USER will display a message indicating whether or not the cell probabilities sum to
one. The model parameters cannot be estimated until all cell probabilities sum to

one.

USER 2.1



Eile Symbaol | Likelbood Cutput Help

e Likelihood Chrl+M
— Symbol Tz
Mame: I- Dhef:
Clear Current Likelihood
1 Delete current likelihood _|
[ 1] Clear All Likelihoods 5
v 1 o
2 | | |
3

2.8 Requesting profile likelihood confidence
intervals

A user may request the profile likelihood confidence intervals for any of the
model parameters by right-clicking on the parameter or function of parameters in
the symbol definitions area and selecting the “Profile likelihood” from the
context-sensitive menu. The user may then select from three alpha-levels: 0.01,
0.05, or 0.10. Profile likelihood confidence intervals may be selected for multiple
parameters and functions.
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2.9 Estimating the model parameters

Once the model has been fully defined and the user has selected all the
desired profile likelihood confidence intervals, the “Compute” button is clicked
whereupon USER computes and displays the parameter estimates, their standard
errors, and the profile likelihood confidence intervals as shown in Figure
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LijusEr Output k- =10] x|

Eile

Number of parameters: 2

Dimension of the minimum sufficient statistics:
Likelihood 1: 4

Total dimension: 2

Log-likelihood: -52.85145

Categories with corresponding countcs

Likelihood: 1

Cl: g (o' T2 c3: =

Parameter Escimate 2=,
Pl 0.0909 D.0306
P2 0.8182 D.0411

Profile Likelihood Confidence Intervals

MName Escimatce Confidence Interval (alpha-level)
Pl 0.0909 [D,0426 , D.1626] (D.05)
P2 0.8182 [0,7291 , 0.8890] (0.05)

P3 0.0902 [0.0426 , 0.1626] (0.035)

] -

Figure 2.2: USER results output window
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The “File” menu of the output window allows the user to save the results to
a text file or to print the results.

'File

Print  Chri4p | Hltin

Close  Chrl+x
!I‘-Iu:mher of paramet

—gree ] —oe

2.10 Saving/Restoring model definitions and
model data

File Swmbol Likelihood Qutput Help

Save Model, ..

Save Data...

Load Model. ..

Load Data. .. + | |

Expork L 3

Exit Chrl+2 F3
< |
3

The USER program allows the model definition and the model data to be
stored in separate files for use at a later time. A user may select “Save Model...” to
save the model definition (but not the category counts!) to a file, and “Load
Model...” to load a previously defined model.

Similarly, the model data (i.e., the counts per category) may be saved and
restored using the “Save Data...” and “Load Data...” options in the file menu
shown above.

Both the model definition file and the model data file are text files that may
be edited directly by the user if so desired; a user may use any text editor to create
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a model definition file to be loaded into USER at a later time. Similarly, the data
may be entered in a text file outside of the USER program (see Chapter [3)).

2.11 The covariance matrix

If a user wants to calculate the variance of a function of the model
parameters, the covariances of the parameters are needed. USER provides the
facility to display the covariance matrix as shown below. The second image below is
the covariance matrix for a model with two parameters.

Eile Symbol Likelihood | output Help
Show Cubpuk Window

Chrl+

Show Covariance Matrix Chrl+y

Symbol Table
|7Name: I
TR E—— —

mtu?ariance Makrix

File

0.000939151 -0.000845236
-0.000545236 0.00165044

The covariance matrix is formatted with spaces between the parameters,
allowing it to be easily saved to a file and imported into a statistical software
package or spreadsheet.
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2.12 Other Functions

Fil= Symbol | Leliood Output  Help

Mame: r

fuser 1

Eile | Symbol Likelhood  Oukput ﬂglp :1

Clear all Svmbols

e [

— Symbal T:

Bew Likebhood Cerl+h
uierify

Clear Currenk Likelhood

Delete current likefhood

Clear all Likeihoods

Pilv L

Other functions available in USER include the ability to delete (clear) all
currently defined symbols, clear the current likelihood or all likelihoods, or delete

the current likelihood.
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3.0 File Formats

3.1 Model definition file

Figure is an example of the model definition file from a somewhat
complicated model definition. USER saves a model definition in this format when a
user saves a model definition to a file (Section [2.10)).

Some important things to note:
e Keywords such as “parameters” and “likelihood” are not case sensitive;

parameter and variable names, however, ARE case sensitive.

e All keywords and tokens must be surrounded by whitespace (tab, space,
newline). This applies to the braces (“{” and “}”) as well.

e The model definition file is free format in that new lines can be inserted
wherever needed with the exception of within a category label and within a
symbol name.

USER 2.1 14



paraneters | Spool E G P=pl P=p? Pphl Pph2 P=ll P=l? S=l Sph S=p lambda C F —
Required parameter definitions- mustbe thefirstsection of =
the model definiti on fila.
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variablaDefs
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*-_-_'_'_‘—-—- "Eff"is not used inthe likelihood definitions, but rathar

i
.[
1
profilelntervals it represents a function ofthe paramatarsfurwhlchwawant
{ S%¥~0.05 } aprofile corfidence interval caloculat ed [ next section)
Eff
{ Request profile likelihood intervals at alpha = 0.05 leval
forone parameter ("S") and one function of the parameters ("Eff")

likelihood
1 1 — Spool + Spool*(1-Cl=e((1l-E)j*G={1-Psl)*(1-Ss1+Ssl=(1-lanbda)) +
(1-E)#{1-G)#{1-Pph)#*{1-Sph+Sph#*{1-lambda)) +

E#{1-P=p)#(1-S=p4+S=p*(l-lanbdal)) }
: Lwf1-Chw{{1-E)»Ge(1-P=l=5=] + (1-E)={1-G)i={1-Pph)=Sph +
~FP=piwSzp)wlanbda }

Spool#( J#(l1-E)=C=PsleSsl#lanbda }
; [(1-E}#®(1-G)=Pph#*( 1-Sph+Sph#*(1-lanbda)) }
: —E)#{1-G)=#Pph*Sph#*lanbda }
: Spool#*({l1-C)*E=
. Spoolw(l-C)*EsPsp
. Spoolsl }

lihood - _
0 L—La"r_.h'a'a'T—‘—-—-—-—._._________ The keyw ord "likelihood"” must bagin each
1 el ; inition.

[l el el N
(=Nl =1 =l gy =] =
)

-
*
—
i
®

T

: P=ll={1-P=12)-P=l }
(1-P=ll)#*P=l2-Fs

likeliho
{ 3a : Pphlw{1-Pph2)~
{ 3b . (1-Pphl)=P
{ 3ab : Pphi*P

likelihood

{ 4a : Pspl={1-P=p2)-Psp } o

{ 4b : (1-P=pl)*P=spl-P=p }

{ 4ab : PspleP=pl-Psp } =
I-I_|

Figure 3.1: Sample model definition file

15 USER 2.1



3.2 Model data file

Each line of the model data file consists of a category label (the labels must
correspond to the category labels in the model definition), optionally followed by a
colon (“:”) and a count. If a count is not specified, it is assumed to be 1. A
category may be repeated, in which case the counts are simply added to the
previous counts of the same category. The following examples are all equivalent.

Example 1 Example 2 Example 3
Cl1: 3 C1 Cl1: 2
c2 : 4 Cc2 c2 : 2
C3 : b C1 C3 : 3
Cc2 cl1: 1
Cc2 c2 : 2
C1 C3 : 2
C3
C3
C3
C3
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4.0 Examples

4.1 Petersen Method for estimating animal
abundance

4.1.1 Model definition

A simple method for estimating the number of animals in a closed
population using a single mark-release of individuals is the Petersen Method. A
sample of ny individuals is taken from the population and marked for future
identification and returned to the population. After some interval, a second sample
of ny individuals is taken and it is found that m of them are marked. We are
interested in estimating the parameter N, the number of animals in the population.

For this example, we will use the following made-up data:

ny: 220
ng: 235
m: 40

If we let P represent the proportion marked after initial tagging, then P = .

Assuming that the proportion of marked individuals in the second sample is
a reasonable estimate of the proportion marked in the population, then the
probability that an animal in n, is marked is P.

We can define the categories and their expected values as follows:

Category Probability
m P
No — M 1-P

The resulting likelihood is

= () G 65
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4.1.2 Model definition in USER

Define the parameters

We can now define the model in the USER program. First, the model
parameter N is defined by typing it in the symbol name dialog and typing “Return”
or clicking on the “Add” button; since the symbol definition dialog was left blank,
USER recognizes N as a model parameter.

Define the variables

ny is a constant for the model and the category probabilities are written as a
function of n;. We can define it as a variable as follows:

1. Type “nl1” in the symbol name dialog.

2. Press “Tab” to advance to the symbol definition dialog (or click inside it) and
type in the value “220”.

=10| x|
Ble Qymbol Lkelhood Quipat Help
— Symbal Table
Name: [n1 Det [220 Add| Clear
I R | - v | ]
1 2 3 | 4 |5 |8 |7 |8 g 1 -
;|H =
s

3. Press “Return” or click “Add” to add the symbol n; to the symbol definitions.

4. Define the variable P = & by typing “P” in the symbol name dialog, and
press “Tab” to proceed to the symbol definition dialog. The USER dialog
window now appears as shown below.
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5. The equation “n1/N” can by entered in the symbol definition dialog by typing

the expression, or as follows:

(a) Making sure that the entry mode toggle is not depressed, click on the
“nl” in the symbol definitions.

(b) Click on the “/” button.
(c) Click on the “N” in the symbol definitions.

VI -loix)
Ble Zymbol Uhelhood Quiput el
— Symbal Table
Name: [P Det [ add| Cis|
1| v -~ - r | [ |
1 |2 3 [a [s 8 |z e |E [10 [a]
'I_IH [nit . =
2 1

Define the likelihood and enter the category counts

We now have all the necessary symbols defined, and we can proceed to

defining the likelihood in terms of the categories and their probabilities.

1.

Click on the entry mode toggle to depress it and have all changes affect the
category definitions rather than the symbol definitions.

Enter “m” in the category dialog.

Press “Tab” or click inside the category probability dialog and enter “P” for
the probability by either clicking on it in the symbol definitions area or typing
it from the keyboard.
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4. Advance to the category counts dialog and enter “40”

5. Press “Return” or click “Add”. The USER dialog should now look as shown

below.

usen T}

File Symbol Likelhood Output Help

~ Symbol Table

Name: | Det: | add| Clea
N RS (RS PR PR RS R
i 2 3 ] 5 [& |7 E f] 10 B

1 nl P —

2

3

4

5 -

o

 Likedihood Deefiribon (1 of 1)

Categary | Probabilty | Count [0 Add| Clear
Category | Probability | Count =

1 [m F . a0

2

3

1

5 =l

Conpute|

6. For the second and final category, enter “n2-m” in the category dialog, “1-P”
in the category probability dialog, and “195” (235 minus 40) in the category
counts dialog.

7. Press “Return” or click “Add” to finish the model definition. The USER
dialog should now look as follows:
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Note that defining P as a variable was not absolutely necessary. We could
have defined the model as shown:
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13l
File Symbol Lkelhood Output Help

Symibol Table

Name: | Det. | 2d| Cleai
LI P | N DAY DR SR R N
1 2 3 1 5 [6 |7 [8 q 10 B

1 [N Al —

2

3

4

5 =

e
-~ Likelihood Defirition (1 of 1]

Category [r2m Probabiiy |1-n1 /M Count |15 ﬂl thal
Category | Probabilky [ Court =

1 |m it/ . 40

2  Indm 1nlM 195

3

4

5 =l

conpute|

Estimate the parameters

At this point, the model and data have been defined in USER. If the
“Compute” button is clicked, the following pop-up appears.

Q *** | nable to estimate parameters

One common cause of this error is the use of inappropriate seeds for the
parameters. Since the parameter we are estimating, NV, is an estimate of abundance
and not a probability, the default seed of 0.5 is probably not appropriate. A seed
that is well above the value of ny would be more appropriate.

To change the seed, right-click on “N” in the symbol definitions, and set the
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seed to, say, 500.

File Swmbol Likelihood ©Qutput Help

— Symbal T able

Mame: I

I

1 2

3

Ly Y R TR O I )

Delete

N Edit I:—

Prafile likelihood  ®

Enter the new seed walue faor "W

2%

| 500

ok

Cancel

In addition, we can request a profile likelihood confidence interval for N.
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File Swmbol Likelihood Cutput Help

— Symbol Table

M arme: I Def: I

U P S [

1 2 3 4 5 g | 7
1 N : B

Edit
2
3 Set seed
4 alpha level = 0,01
5
alpha level = 0,10

Now if the “Compute” button is pressed, the following output report appears.
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Lijuser oupor = Y

File

HMultinomial Parameters Estimation Report

Number of paramecers: 1

Dimension of the minimum sufficient statistics:
Likelihood 1: 1

Total dimension: 1

Log-likelihood: -107.2125

Categories with corresponding councs

Likelihood: 1

N S87.5000 84.6178

Profile Likelihood Confidence Intervals

Hame Eztimate Confidence Interval (alpha-lewvel)

N 587.5000 [451.0427 , 794.4974] (0.05)
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4.2 Joint likelihood

4.2.1 Model definition

In a simplified, hypothetical study to estimate the survival of downstream
migrating juvenile salmon in a given river reach, radio-tagged salmon are released at
a release site and detected at a detection site at the downstream end of the river
reach. The parameter of interest is the survival probability S. Not all of the fish are
detected at the detection site, so we must also estimate the detection efficiency P.

Release site Detection site

|

)

The model can be defined as follows:

Category counts Description Probability
N1 Detected SP
NO Not detected 1—SP

The likelihood is defined as:

Ly < (SP)NY(1 — SpP)N° (4.1)

The parameters S and P always occur together and are not separately
estimable; if a fish is not detected, there is no way of knowing if it did not survive or
simply avoided detection. One solution is to have two independent detection sites
downstream, as shown below.
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Detection site #1
Detection site #2
Release site

S V V

P1 P2

This gives us the ability to estimate the detection probability separately from
the survival probability. Instead of one parameter for detection efficiency, we have
two: P; is the detection efficiency for site #1, and P, for site #2. The overall
detection efficiency is now defined as: P =1—(1— P;)(1— P) We can now define an
auxiliary likelihood conditional on being detected somewhere at the detection sites.

Category Counts Description Probability
N, Detected at #1 only P(1-P)/P
N, Detected at #2 only (1-P)P/P
N Detected at both #1 and #2 P, P,/P

Ly < [Py (1 — P2)]V[(1 — P) PN (P Py)N ™
The full likelihood is L o< L Lo

4.2.2 Model definition in USER

Define the parameters

The first step in defining the model in USER is to define the model
parameters. The names of the three parameters are entered in the symbol name
dialog and “Return” key is pressed or the “Add” button is clicked, leaving the
symbol definition dialog blank. The symbol definitions area should now appear as
shown below.
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Ble Symbol Lkelhood Qutput Help

— Symbel Table

Name: | Det. | Add| Clear|

| - | - 1_ ¢ S

1 2 3 4 |5 | & |7 B ] 100 =]

1 |Is Pi P2 =
2
3
4

5 -

Define the variables

The model definition defines P as a function of the two parameters P; and
P, as the overall detection efficiency. It makes sense, therefore, to define this as a
variable. The name “P” is entered in the symbol name dialog, and the expression
“1-(1-P1)(1-P2)” is entered in the symbol definition dialog as follows:

1. Ensuring that the entry mode toggle is NOT depressed, click on the math
entry buttons labeled “17.

2. Click on the “-” button.

3. Holding the “Ctrl” key on the keyboard, click on the “P1” parameter name in
order to enter “(1-P1)”. Click on the “*” button.

4. Hold the “Ctr]l” key and click on the “P2” key.

Wuser =10l x|

Ble Symbol Ukelhood Quiput Help

Symbol T able
Name: [F pet [\ AIF2) ﬂﬂ
I DR S DRI PR NN AN PN SN P

i1z 13 T« s 6 [z T8 s Tw -
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The expression could also simply be typed from the keyboard, or by using any
combination of the keyboard and the math entry buttons.

The user clicks “Add” or presses “Return” to finish the definition.

usen =101 x|

Fle Symbol hkelibood Qutput Help

~ Syl T able

Nara: [ Dot | Add| Coar|
L DR | - v | |
1 2 E |4 B |6 [7 |8 |9 [10 |2
1 s Pl P2 P

> .

3

i

5 =

Define the first likelihood

The first likelihood (Equation above) is defined by entering the category
labels in the category dialog and the corresponding expression for the probability in
the category probability dialog. The category probabilities are entered in the same
manner as the definition for the symbol P above. If the math entry buttons are to
be used, the entry mode toggle must be depressed so that they affect the category
probability dialog rather than the symbol definition dialog. The complete likelihood
appears below. The category counts could be entered at the same time, but in this
example we will enter the data later.
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Define the auxiliary likelihood

In order to define the auxiliary likelihood, select “New Likelihood” from the
“Likelihood” menu,
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Eile Symbol | Likelbhood Cutput Help

Mew Likelihood Chrl4+M

Clear Current Likelibood
Delete current likelihood

Clear all Likelihoods

1

and enter the likelihood definition in the same way as before.

Wuser =lolx|

Fle Symbol |kelhood Qutput Help

— Sypmbod Table
Name: | Det. | Add| Clar|
I | - | C 1
1 2 3 4 |= | |7 g g 10 |a|
1 s P1 P2 P P
2
3
4
s =
=
— Likelihood Definibon (2 of 2]
Category [a Probabilty |P1:P2/P Count [0 ﬂl EI
Category | Prabakiity Count Jfl
1 |Ma PI1P2P o
2 |ub n-P1P2P 0
3 |nab IP1P2/P 0
4
5 =
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Enter the category counts

To enter the counts for each category, we could go back and select each
category for each likelihood and enter the counts within USER. In this example,
however, we shall create a text file containing the category counts and load the data
from the text file into USER.

Using made-up data, the text file contains the following:

N1 : 400
NO : 75
Na : 72
Nb : 94
Nab : 234

Load the category counts

To load the counts, select “Load Data” from the “File” menu, and select the
data file.

File Symbol Lkelhood Cutput Help

Save Maodel, .,

Save Data. ..

Load Model. .,
Load Data... + |

Expork 3 3 | 4

Exit Chrl P2 F
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Estimate the parameters

To estimate the parameters, simply click on the “Compute” button, and the
following window appears.
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mTEHt Window =10 x|

File

Multinomial Paranmeters Estimation Report

HNumber of parameters: 3
Dimension of the minimmm sufficient statistics:

Likelihood 1: 1
Likelihood 2: 2
Total dimension: 3

Log-likelihood: -59:2.2:281

Likelihood: =2

Ma : Tz Mh : 94 IMak: £34

FParameter Eztimate 3.e

3 0.9030 0.0205
F1 0.7134 0.0250
| 0.7a47 0.0242

a| | 2
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4.3 Hypothesis testing

4.3.1 Model definition

USER provides the capability of performing hypothesis testing of an
alternative model relative to a null model, as the following example demonstrates.

In a known-fate study, individuals are tagged at the beginning of the study,
and the study area is surveyed periodically over regular time intervals. The
assumption in a known-fate study is that all live tagged individuals in the study
area are detected, so if a previously marked individual is not detected during a
survey, it is assumed that the individual has died since the last survey. A simple
known-fate study with an initial tagging followed by two subsequent surveys is
diagrammed below.

Initial tagging occasion
First survey occasion

Final survey occasion

The model parameters are:

Parameter Description
Sp The probability of survival from the initial tagging occasion to
the first survey occcasion

S The conditional probability of survival from the first survey oc-
casion to the second and final survey occasion, given survival up
to the first survey occasion

In addition to the estimates and the precision of the estimates of the model
parameters, we may also be interested in:

e Whether or not the two survival estimates S; and Ss are significantly different,

35 USER 2.1



e The overall survival probability for the study (S = 515;) along with a

confidence interval for the overall survival.

The study can be modeled as follows:

Category Description

100 The individual dies before the first survey

110 The individual is alive at the first survey,
but dies before the second

111 The individual is alive at the final survey

We can now define the model in the USER program.

4.3.2 Model Definition in USER

Define the Parameters and Variables

Probability

1-5;
S1(1—55)

5159

Count

40
1)

223

The parameters are defined in the same manner as in the previous examples.

We also want to define a variable S = 51.55 in order to compute a confidence

interval around the overall survival.
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Define the likelihood and enter the category counts

The categories, their probabilities, and the corresponding counts are defined
as shown below.
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Name: | Det | Add| Cleai|
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2
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4
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2
— Likelihood Dehnibion [1 of 1)
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Category | Probabiity Court |£|
i [1o0 01-51] 0
2 |10 511152) 75
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We can now request profile confidence intervals for the individual survival estimates
as well as the overall survival probability. We will use an alpha-level of 0.10.

U
File Symbol Lkeihood Qukput Help

=10l x|

— Spmbal Table

M arn: | Def: I EI _Ich!
1 | || |
1 2 |3 5 IG [7 8 [10 P

1 51 52 _5 [

2

- Alpha level = 0,01

= Alpha level = 0,05

5 | flpha level = 0,10 j
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4.3.3 Estimate the Parameters

We now press the “Compute” button to produce the parameter estimates

and the profile likelihood confidence intervals.

-laix

Hultinomial Parameters Estimation Report

Muwber of parameters: 2

Dimension of the minimunm sufficient statistics:
Likelihood 1: 2

Total dimension: 2

Log-likelihood: -291.0233

Categories with corresponding counts

Likelihood: 1

1 00 3 a0 1 10 : 75
111 : 223

Parameter estimates

Parameter Estimatce s.8.

51 0.8817 0.0178
32 0,7483 0.0251

Profile Likelihood Confidence Intervals

HNarme Estimate Confidence Interval (alpha-lewvel)
g1 0.8817 [0.B8507 , 0.9085] (0.10)
52 0.7483 [0.7056 , 0.7881] (0.10)
= 0.6598 [D.6166 , D0.7010] ({0.10)
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4.3.4 Create the Null Hypothesis Model

In order to test the hypothesis of equal survival probabilities, a model must
be created that assumes equal survival probabilities. The easiest way of doing this is
to change S5 from a parameter to a variable, equating it to S;. In this way, the
actual likelihood definition does not need to be changed.

Right click on “S2” in the symbol definitions, and select “Edit”.

File Symbol Likelihood CQutput Help

— Symbal T able

Name:l Def:l__
(R R T

1 2 E | 4 5 |
o S
Set seed

Prafile likelihood #

Delete
[

L5 I S S

In the symbol definition dialog, enter “S1” via the keyboard or by clicking on it in
the symbol definitions area and press “Return” or click on the “Add” button.

ol
File vmbol Lkelihood Qutput Help

— Spmbxol Table

B Def [S1] Add| Clear]
L DRI A DU DU AN DU R S

1 2 3 |4 |= |& |7 |a 9 10 | =]
|

1 |51 9d B
&

Verify that the profile likelihood confidence intervals are still requested for S; and
S; we no longer need a confidence interval for S, since it is equated to S;. Now
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press the “Compute” button. The following error window will be displayed
Ljuser

e #*+ | Inable ko estimate parameters

In the original model, S; was estimated at about 0.88, so set the initial seed to that
value and try again. Right click on the parameter name “S1”, select “Set Seed”,
and type in 0.88.

File Symbol Likelibood Qutput Help

— Syrbal T able

I arne; | Def

L PR
1 2 3 4 5
51 = S

Edit |
Prafile likelibood

Delete
1 1

[ Y N TR Y

2%

Enter the new zeed value for "51"

[EEE

(] Cancel |

Try again by pressing the “Compute” button. This time the output window
appears. Note that now there is only one parameter.
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Hultinomial Farameters Estimation Report

MNuber of parameters: 1

Dimension of the minimun sufficient statistics:
Likelihood 1: Z

Total dimension: 2

Log-likelihood: -300.5932

Categories with corresponding countcs

Likelihood: 1

100 : 40 110 75
111 : 223

Parameter estimates

Parameter Eatimate .=,

31 0.8192 0.0153

Profile Likelihood Confidence Intervals

MNatns Estimate Confidence Interval (alpha-level)
31 0.819:2 [0.7932 , O.8434] (0.10)
=1 0.6711 [0.62592 , 0.7113] (0.10)

4.3.5 Test the Hypothesis

Note that the output windows show the log-likelihood value for each model,

allowing us to use a likelihood ratio test (LRT) to test the hypothesis of equal
survival probabilities.

e Null hypothesis: S; = 5
e Alternative hypothesis: S; # S5
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The likelihood ratio test statistic is A = 2[—291.0232 — (—300.5932)] = 19.1400. A
has an asymptotic chi-square distribution with one degree of freedom, giving a
p-value of 0.00001, rejecting the null hypothesis in favor of the alternative
hypothesis.
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